ABSTRACT. We are concerned with the asymptotics of the spectral measure associated with a self-adjoint operator. By using comparison techniques we shall show that the eigenfunctionals of L2 are close to the eigenfunctionals L1 if and only if dr1 dF2 as A oo.
INTRODUCTION
We would like to obtain a relation between the growth of the spectral measure of a self-adjoint operator and the behaviour of its eigenfunctionals. In this study we shall assume that we have two "close" self-adjoint operators acting in the same separable Hilbert space, H say. Without loss of generality we can assume that both operators have simple spectra. To this end, let us denote by (A) and y(A) the eigenfunctionals of L1 and L respectively. Recall that the spectrum of a self-adjoint operator is defined by VA 6 a, 3 ,,. 6 
Observe 
V-1 v/g(2) v/g(L2)y(A) V'y(A).
We now need to compute vg(L2) v/g(L2)y(A). Let 
We eily du the follong reset: 
where In < x. Let the eigenfunctionals associated with L and L2 be defined by f'(O) O. where w(x) x as x 0 and a > O. In this case the operator L2 corresponds to a string whose [5, 151] length and mass are infinite, and is known to be self-adjoint in the space Lxo , see p.
Then formally
We shall see that the behaviour of w(x) 0 dictates the behaviour of the spectral function at infinity. Although this result is known, see [6] , we shall provide a different treatment as it is stated in [7] . For simplicity let the eigenfunctionals associated with Lland L2be defined by (0, ) , '(0, ) 0 (0, ) , '(0, 0. It is clear that qo(x, A) y(x, A) + R(x, t, )q(t)(t, )dt.
where R(x, t, A) is the Greens' function and it is shown, by the semi-classical approximation, see [8] , where, see [3] , r() fo > 0.
